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Abstract

We studied the role of noise in neural networks, especially focusing on its
relation to the propagation of spike activity in a small sized system. We set up a
source of information using a single neuron that is constantly spiking. This
element called initiator xo feeds spikes to the rest of the network that is initially
quiescent and subsequently reacts with vigorous spiking after a transitional
period of time. We found that noise quickly suppresses the initiator’s inﬂuence
and favors spontaneous spike activity and, using a decibel representation of
noise intensity, we established a linear relationship between noise amplitude and
the interval from the initiator’s ﬁrst spike and the rest of the network activation.
We studied the same process with networks of different sizes (number of
neurons) and found that the initiator xo has a measurable inﬂuence on small
networks, but as the network grows in size, spontaneous spiking emerges disrupting its effects on networks of more than about N = 100 neurons. This
suggests that the mechanism of internal noise generation allows information
transmission within a small neural neighborhood, but decays for bigger network
domains. We also analyzed the Fourier spectrum of the whole network membrane potential and veriﬁed that noise provokes the reduction of main θ and α
peaks before transitioning into chaotic spiking. However, network size does not
reproduce a similar phenomena; instead we recorded a reduction in peaks’
amplitude, a better sharpness and deﬁnition of Fourier peaks, but not the evident
degeneration to chaos observed with increasing external noise. This work aims
to contribute to the understanding of the fundamental mechanisms of propagation of spontaneous spiking in neural networks and gives a quantitative
assessment of how noise can be used to control and modulate this phenomenon
in Hindmarsh−Rose (H−R) neural networks.
1751-8113/16/285601+16$33.00 © 2016 IOP Publishing Ltd Printed in the UK
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1. Introduction
The control and ﬂow of information in the brain are fundamental to the understanding of
high-level processes like attention, visual perception and other complex functions [1, 2].
Despite enormous system complexity, it has been found that information can be sourced by a
single neuron even in major sensory pathways [3]. These distinct units can trigger a chain of
events that contribute to complex perception episodes or high-level motor responses. This is
known to happen for example with feature detector neurons [4] in lower animals, and similar
phenomena are observed in mammals’ neurons which hold a higher hierarchical position in
the visual system—those that respond to complex patterns and activate elaborate responses [5].
Despite the great volume of experimental facts that point toward noise as a contributing
factor in signal transmission in brains [6–8] or generally in non-linear networks [8], we do not
have yet a universally accepted theoretical framework to quantitatively evaluate the effects of
noise on neurons’ operations and the higher level network functions.
Here we want to contribute to this problem with a study in which we emulate a triggering
event in the brain through a single active neuron which we call initiator xo; in controlled noise
conditions, we study the ﬂow of spike activity along the network to evaluate the role of noise
amplitude on the signal propagation. In the ﬁrst part of this study, we elucidated in a
quantitative manner the role of noise and we found for the ﬁrst time a linear relationship
between the amplitude expressed in decibels and the delay interval between the ﬁrst spike of
initiator xo and network activation. Moreover, studying the dependence with network size, we
found that as the network grows in dimension, the spiking activity starts earlier until the role
of the initiator is completely suppressed beyond about N = 100 neurons. In the second part of
the research, we characterize the network especially focusing on its spectral characteristics,
and most particularly on its frequency dependence with noise and size. It is found that high
levels of noise introduce chaos in the network and that, again, the network size seems to
replace the function of external noise for simulations with a constant noise level and variable
network sizes.

2. Models and methods
We used a Newman−Watts small-world network to simulate the neural network. A realistic
neural network is neither regular nor completely random [9] and this network has both
deterministic and random properties [10]. The simulation of relatively small artiﬁcial networks can be a good metaphor for real brains, for example, in 2003 Izhikevich demonstrated
that a network of simulated spiking neurons exhibited collective waves and frequencies [11]
in a range similar to the human brain.
To simulate the neurons we used the Hindmarsh−Rose (H−R) model [12, 13], changing
the intensity of noise and the network size to elucidate the role of spiking frequencies in
function of various parameters. Even though the precise arrangement of neural connections in
real brains is not known, small-world network models are widely used to simulate known
2
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Figure 1. Simulation of a H−R model for a single neuron not affected by noise or

connections. This shows the dynamical behavior of the membrane potential. The
variable x(t) represents the difference of voltage between extracellular and intracellular
potentials. Spiking variable y(t) instead describes the rate of change of the fast ion
channels (sodium ion, potassium ion, etc) and z(t) has similar meaning for the slow ion
channels (calcium).

statistical properties of the brain’s neural connections, reproducing a high clustering coefﬁcient and a low shortest path [14–17]. The network’s random connection probability of the
small-world structure has been kept to p = 0.4 as a reasonable value with enough random
connections to induce a fast diffusion of spikes, but still small enough to represent real
biological systems. This network structure and p values are considered reasonable in
numerous literature studies, for example Bassett and Bullmore’s work [15] where regions of
the human brain are found to have clustering coefﬁcients as low as 0.14 equivalent to
p > 0.4, or also Zheng and Lu [18] and Ozer et al’s works [19] which ﬁnd values of
0.1 < p < 0.6 in small-world neural networks. To measure the global behavior of the network we monitored the integral of the total membrane potential. This is considered to be
analogous to the electroencephalogram in a real brain. By means of Fourier analysis, we
found that this collective signal has distinct frequency peaks which are compatible with
values observed in biological systems. This fact is not trivial since neuronal activities of a
complex network are very difﬁcult to predict analytically.
The H−R [20] system is characterized by three independent variables that represent the
membrane potential and the two ion channel currents. A single neuron model is described by
the following differential equation:

⎧ x˙ = y - ax 3 + bx 2 - z + I
⎪
⎨ y˙ = c - dx 2 - y
⎪
⎩ z˙ = r [s (x - c) - z ] .

(1)

In this equation, x is time dependent and represents the membrane potential, whereas y
and z are often called the spiking and bursting variables, respectively [21]. These variables are
all expressed in arbitrary units and do not have a direct translation in biologically-realistic
parameters [20].
3
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Figure 2. A sketch of the network structure. Each neuron is represented by a circle and
simulated by the H−R model. The lines represent neural connections to neighbors’
neurons. The random connections that cross the circle are those due to the p parameter
of the small-world structure. The grayed neuron indicated by the symbol xo is a special
initiator that has a constant external current input Io and it is used to stimulate the
whole network and to study the diffusion of spikes in the system in the presence of
noise. In our simulations the connections are changed randomly at every run, however
the small-world structural parameters are maintained constant. The cross-connections
parameter p is kept at p = 0.4 (for image clarity in this sketch p is lower). In some
experiments the number of neurons is also varied.

Figure 1 shows a plot of the three variable phase cycle that induces the spike. The choice
of the eight parameters in the model results in the kind of neuron simulated. Here we ﬁxed
them as a = 3, b = 3, c = 1, d = 5, s = 4, r = 0.00, c = -1.6 determined in order to produce
neuronal-bursting dynamics comparable to realistic neurons of the ‘chattering’ type. The
initiator neuron xo introduced above has a continuous input stimulus of I = 3 (a.u.) and starts
at t = 0 with the initial values x(0) = 0.3, y(0) = 0.3, z(0) = 3. Other authors [22] use similar
values of input currents, ranging from about I = 2 to I = 10. Other neurons’ initial current
values are set to zero. The neuron is called the initiator because of its role as the single source
of information in the network. In other terms, the initiator xo is the only neuron that provides
stimulated spikes and these are thought of as the single source of information in the network.
That is, in the absence of external noise, if other neurons are spiking it is because directly or
indirectly they receive the information to do so from xo. Our study investigates throughout the
role of noise in this context. The entire network is connected as a small-world system, with
the exception of xo which receives input from the neighboring neurons and stimulates
accordingly the network structure, see ﬁgure 2 for a sketch of the conﬁguration used.
The integration of the differential equation (1) is done with an Euler method, a time
consuming but straightforward integration method. The time step is set to Dt = 0.01 ms [23]
and has been veriﬁed to not introduce instabilities (the slight increase of Dt does not provoke
appreciable variation in the network response).
4
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Figure 3. The Fourier transformation of the membrane signal of a single neuron
inserted in a p = 0.4 network of N = 10 and with a SNR of dB = 40. This is an
example of the frequency signature of a single neuronal response. The inset shows the
actual spike plot where the Fourier transformation was calculated from; the horizontal
axis represents 1000 msec of time. The bar at x = 0.8 indicates the threshold used to
separate the baseline activity from the action potential. The neuron is chosen at random
and it is not connected to the initiator neuron xo.

Figure 3 shows the Fourier transformation of the membrane signal of a single neuron
inserted in a p = 0.4 network. The network itself is intentionally chosen to be smaller
(N = 10) and with a minimal noise level (signal-to-noise ratio (SNR) dB = 40) in order to be
an example of the frequency signature of the neuron response. The neuron position is chosen
at random far from the active xo. Interestingly, we can observe the emergence of peaks at
10 Hz; these frequencies in the averages membrane potential can be thought as analogous to α
waves in real brains. This shows biological plausibility in simulations as already established
for example by Izhikevich et al and Palva and Palva [24, 25].
To generate the network, ﬁrstly, we create a regular network with a ring over the N
vertices. Each vertex stands for a neuron. Then, every vertex in the ring is connected with its
nearest neighbors at both sides. In all our tests, k = 1; this means that each neuron is
connected with two neighbors, one on its left and the other on its right. We say that the
network is of dimension k = 1 (if k = 2 each neuron has four neighbors, two on the left and
two on the right). Starting from this regular network structure, we create random shortcuts by
adding connections pointing to other neurons chosen at random with probability p (p = 0.4 in
our case). In this way there are on average Nkp shortcuts in the network. Each vertex vi
(i Î {1, 2, 3 ... N}) can be connected with any other with probability p. For vertex vi, a
uniform distribution random number in the range zero to one is generated and compared with
p. If the number is lower than p, we selected another vertex vj (i ¹ j) randomly and add a
shortcut between vi and vj. A similar test is done to the adjacent neuron until all neurons are
examined (from v1 to vN). Neurons have no connections with themselves and two neurons can
be coupled by a unique segment; a single neuron can receive more than one connection from
different neurons [26].
A good representation of biologically-plausible noise is controversial, however since the
central limit theorem guarantees that a good number of arbitrary distributed sources converge
to a Gaussian signal, we opted for this type of noise [27–29]. The intensity is modulated using
different values of SNR deﬁned in decibels as dB = 10 log10
5
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of the signal and An that of the noise. We use this deﬁnition because it is standard and
logarithmic, however we have to empathize that bigger values of dB mean a less noisy
network.
The random variable is generated with this formula:
⎛ -(X - m) ⎞
1
e ⎝ 2s 2 ⎠ .
s 2p
2

f (X, m , s ) =

⎜

⎟

(2)

Here X is a ﬂat pseudo-random value generated internally by the numerical library numpy
[30, 31], μ is the mean value around which the Gaussian is centered and σ is the
corresponding standard deviation. In our experiment, μ was ﬁxed as 0 and σ as 1 [32, 33]. We
use

1
Si xi ,
N
S
h=
,
10 dB 10
e = hf (X , m , s ) .
S=

(3)

N is the total number of neurons, xi the membrane potential of neuron i, η the noise
amplitude and ε the ﬁnal Gaussian noise random variable. It results in being distributed along
a Gaussian curve, with an intensity proportional to η that contains the decibel parameter that is
varied in the tests [34]. The intensity of noise is calculated at each time loop, so several
neurons receive the same noise intensity for the same time step. This is an approximation of a
realistic network where noise does not have spatial speciﬁcity.
The differential equation that describes the time evolution of a single neuron xi in the
system is:
N
⎧
x˙i = yi - axi3 + bxi2 - zi + ei + gi å j = 1 aij (xi - xj ) + Io
⎪
⎪
⎨ y˙ = c - dx 2 - y
i
i
i
⎪
⎪
z
r
s
x
=
[
(
c) - z i ] .
˙
⎩ i
i

(4)

This formula is equivalent to equation (1) but extended for a system of N neurons; variables
and parameters have the same meaning explained previously. The index i represents each of
the N neurons in the network. The parameter ei is the Gaussian noise of neuron i, updated at
each time loop. To compute the input current that each neuron receives, we calculate
gi S Nj = 1aij (xi - xj ). The sum is mediated by an adjacency matrix aij that stores the connection
between the vertices. In it, aij is 1 if there is a connection between the neurons i and j,
otherwise it is 0. xi and xj are the membrane potential of neurons i and j. gi is the coupling
strength [35, 36] that is normalized to the number of connections of neuron i. For the
integration of this equation, we also used Euler method. In this way:

gi =

1

å

N
a
j = 1 ij

.

(5)

In this formula, N is the number of neurons in the network. If we do not impose this
normalization, the network will have an unbalanced inﬂuence of signals coming from the
neighbors’ neurons depending on the number of connections [37, 38].
As stated above, in our simulation a neuron xo receives a speciﬁc continuous current
stimulus Io that is set to a value of 3 (a.u.) in all our tests. So, in the ﬁrst equation of system (4)
if xi º xo , Io = 3; in all other cases Io = 0.
6
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Figure 4. The spike map of a noiseless small-world network of 48 H−R neurons; a

sketch of it is outlined in ﬁgure 2. The neuron indicated as number 0 is a special one
that is connected to an external signal of Io = 3 (a.u.) constant input. It functions as an
initiator and after a delay of time, provokes the spiking of the whole network. The
same experiment reproduced with identical parameters but with no external input
(Io = 0), produced no spiking anywhere in the network (blank result not shown).

3. Results
We veriﬁed that without the contribution of the special initiator neuron xo and neuronal noise,
the network exhibits no spiking activity and membrane signals settle to a baseline value.
However, we veriﬁed that with an increasing noise level, the network indeed starts spontaneous spiking, even without any neuronal input.
On the other hand, if neuron xo receives a constant input Io it becomes active and drives
its connected neighbors to spike, and these will induce spiking on their neighbors. The
information will propagate until the whole network will be spiking in a random but stable
manner.
In the following tests, corresponding to ﬁgures from 4 to 7, a network of N = 48 neurons
was used with connections as in table 1; i and j are the index of neurons. Value 1 in each grid
indicates that neuron i is wired with neuron j (aij = 1). An empty grid means there is no
connection between neuron i and neuron j (aij = 0 ).
The noiseless response of such a system is shown in the spike map of ﬁgure 4 . This map is
generated using an arbitrary threshold to separate the basal random signal from the spikes. After
a few tests to evaluate the membrane potential range, the threshold was chosen as x = 0.8, see
inset of ﬁgure 3. When the membrane potential exceeds this value, we assume that the neuron is
ﬁring and plot the mark that is shown in ﬁgure 4 and the following spike maps. To evaluate the
behavior of the network as a whole, we integrate the membrane potential for the entire
population of neurons. We use this equation to calculate the parameter E(t):

å i = 1xi (t ) .
N

E (t ) =

(6)

N

7
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Table 1. An example of network connections. Values of aij represent the connection
strength within the 48 neurons small-world network. The dimension of the network k is
1 and the shortcut probability p is 0.4. Connection strength can be only of value 1
(connected) or zero (not connected). Zero values are not shown for clarity). According
to this table, there are in total 60 edges and 22 shortcuts in this network.

In ﬁgure 5 we show the output of the network measured as the average membrane
potential calculated with equation (6) for a network of 48 neurons; p = 0.4 and k = 1. Clearly
as the noise increases, the initial transitional behavior gets shorter and shorter. This suggests
two things: that noise inﬂuences the average baseline of neuronal response and that it also
affects the spike rate of the neuronal system.
Figure 6 shows the raster plot for a neuron network with 48 neurons; k = 1 and p = 0.4
as before, for different noise levels. Again, the initiator neuron xo is spiking since the
beginning, whereas the rest of the network is quiescent and responds with a variable delay
that depends on noise level.
The SNR strongly inﬂuences the initiation of secondary spiking along the network.
Calling Ss the time interval by which secondary spikes are activated, we can interpolate our
results with a liner model

Ss = de + a .
where d = 14 msec per decibel, ε is the noise level in dB and α is an offset, and the linear
regression coefﬁcient is better than 0.9. The inﬂuence of the initiator x0 is negligible and the
8
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Figure 5. The behavior of the neuron population membrane potential in function of
noise level. Noise seems to help the diffusion of spikes along the network. The
horizontal axis spans over 1000 msec of simulation calculated in 100 000 steps of 0.01
ms each. The vertical axis is the voltage in arbitrary units. Each simulation is taken on a
network of N = 48 neurons and averaged over eight different experiments done with
same parameters but different random generator seeds. As the SNR grows (less external
noise) the initial transition time gets longer indicating a worse diffusion of information
across the network.

linear dependence is clear. See ﬁgure 7 for a graphical representation of this with a test of
several levels of noise. This formula cannot have a general meaning because it is bound to this
speciﬁc network, however it shows a quantitative relation to modulate the transfer of
information with noise intensity in this case.
A network with identical parameters as above was tested in a similar way but changing
the size of the network instead of the noise (noise level was kept constant at 20 dB). As shown
in ﬁgure 8 for small network sizes, the initiator neuron xo makes the spread of spikes quicker,
but it does not seem to strongly inﬂuence the transitional delay period after the network grows
more than about N = 100 neurons.
To analyze the inﬂuence of noise to the collective frequencies of the network, we studied
the Fourier spectrum of the variable E in formula (6). The Fourier spectrum peaks, if present,
are very important for recognizing rhythms and regularities in the entire network that mimic
the biological phenomena of slow and fast waves in real brains.
The Fourier transformation presents evident peaks at a strong SNR (top curve,
dB = 35), whereas the more prominent peaks at α and β seem to decay with increasing
noise [24], see ﬁgure 9. The Fourier transform data are calculated over a simulation period
of 1000 msec, cutting off the ﬁrst 300 msec to avoid including slow frequencies due to the
initial transitional phase discussed above. Interestingly the prominent β peak seems to shift
to the right with noise intensity; a very weak effect that is, however, difﬁcult to prove with
mathematical means. We studied the total network power average among ﬁve different
frequency bands, θ, α, β, g1 and g2 . We calculated the Fourier spectrum of a 1000 millisecond simulation as above, then we summed up the power of those ﬁve frequency bands
with this formula

9
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Figure 6. The spike maps of a network with N = 48 neurons in different noise

conditions. The SNR in each plot is (a) dB = 35, (b) dB = 31, (c) dB = 26 and (d)
dB = 18. The SNR strongly inﬂuences the initiation of regular spiking along the
network. On the vertical axis we have the neuron number; the neuron indexed as zero is
the special initiator neuron xo. Notice that a better SNR means less external noise.
Intermediate dB values were calculated but are not shown.

q=
a=
b=

1
Nq

7

å Y ( f ) df ,
f =4
14

1
Na

å Y ( f ) df ,

1
Nb

å Y ( f ) df ,

g1 =

1
Ng1

g2 =

1
Ng2

f =7
30

f = 14
40

å Y ( f ) df ,

f = 30
70

å Y ( f ) df .

( 7)

f = 50

Here Ψ represents the vector that contains the module of the fast Fourier transformation
array. The elements corresponding to frequencies within the band are added up (θ from 4 to
7 Hz, α 7 to 14 Hz, β 14 to 30 Hz, g1 30 to 40 Hz and g2 50 to 70 Hz). Each band has a
different number of elements, so the value is normalized to the various Nθ, Nα etc, depending
on how many elements each band has. Then we plot the results against the noise, as shown in
ﬁgure 10.
10
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Figure 7. The comparative plot of the delay by which the spiking activity starts in a
network with and without an active initiator xo. Round dots represent the delay with an
active (Io = 3) initiator and the squares represent an inactive one. The inﬂuence of xo is
negligible and the linear dependence is clear. The red line represents a linear
interpolation of r > 0.9 and inclination d = 14 msec per dB.

Figure 8. The comparative plot between networks with and without an active spike

initiator xo, in the same fashion as in ﬁgure 7, but when the network size is changed.
For small network sizes of less than about N = 100 neurons the initiator makes a
difference and induces a quicker propagation of spike activity. The noise level is kept
to 20 dB in all the tests.

In this plot we see that all prominent peaks decrease with noise intensity. This happens
because a low level of noise produces the transitional phenomena shown in ﬁgures 5 and 6,
during which few neurons are spiking, then the network goes to a regime with lower and more
11
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Figure 9. A plot of the fast Fourier transformation of the membrane potential averaged
over the whole network. The curves represent its frequency spectrum averaged over the
whole network. Each line represents a simulation with different levels of noise. The
horizontal axis is in Hz and the vertical in arbitrary units. The latter has a relative
meaning since plots are shifted vertically for clarity. These show how the network’s
characteristic frequencies are inﬂuenced by different noise levels. The simulations are
produced with a total of N = 48 neurons. The small-world network is characterized by
a connection probability p = 0.4 and dimension k = 1 and a spiking initiator neuron xo
with input Io = 3 (a.u.). The plot considers only the frequencies at the regime. That is,
the simulation is for 1000 msec, the ﬁrst 300 msec of data are not considered, in order
to avoid low frequencies due to the initial baseline variations. Each plot is the average
of eight identical simulations executed with different random number seeds. The
inﬂuence of an active (Io = 3) or passive (Io = 0) neuron x _o is null since we obtain
equivalent results in both cases.

distributed frequency peaks. To verify that these patterns are indeed due to the initial transitional phenomena and not to the intrinsic character of the network, we cut off the ﬁrst 300
msec of simulation and we instead observe a more intricate behavior of the bands’ power, as
shown in ﬁgure 11.
Since each symbol represents a different noise level, the fact that the plots intersect each
other indicates that noise produces non-linear effect frequency bands amplitudes in this case.
We investigate the network, changing the network size as a paradigm of biological internal
noise. The analysis is conducted with other important neuron properties and characteristics
kept constant to allow comparison and discussion. Small-world dimension k = 1, probability
p = 0.4 and every simulation is repeated eight times with different random seeds, then
averaged as in the previous tests.
As shown in ﬁgure 12, each spectrum shows distinct peaks in the α and θ range.
Interestingly, this behavior is maintained also for bigger networks. In present conditions, our
system is limiting the simulations to these network sizes, but it would be interesting to further
increase the number of neurons to see if the diminished lower frequencies peaks phenomenon
observed with the external noise increase would be repeated with networks of much higher
sizes.
12
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Figure 10. The power of ﬁve frequency bands for a network of N = 48 neurons. The

level of noise is represented by each symbol according to this scheme: square, dB = 5,
plus, dB = 9, diamond, dB = 13, triangle, dB = 18, triangle (bigger), dB = 22, circle,
dB = 26, circle (bigger), dB = 31, plus (bigger), dB = 35. The peaks’ magnitude seems
to keep the same relative order with noise; this effect is caused by the predominance of
the initial transition to the regime over the noise inﬂuence. The inset shows the average
and standard deviation of E(t) in function of noise for the same network. The average
potential drops regularly because of the initial transitional period that drives potentials
to more negative values. Noise reduces this initial transition, so the curve appears less
negative at low dB values. Refer also to ﬁgure 5. For reasons of clarity not all the
decibel labels are indicated.

4. Conclusions
We analyzed the collective behavior of a H−R small-world network of dimension k = 1 and
random connection probability p = 0.4. The inﬂuence of noise is studied, especially concentrating on the effect it has on the propagation of information along the network by
studying the membrane average frequencies and spike activity diffusion due to an active
neuron that initiates the spiking. To isolate other effects the network is in ideal conditions;
identical neurons, no plasticity and no delay time are considered.
The network has a single active neuron xo connected to an external stimulus of
Io = 3 mA . This neuron is spiking constantly and in the absence of noise it induces the rest of
the network to spike after an initial transitional time. Most interestingly, it seems that noise
favors the initiation of secondary spikes (the spikes that follow those of xo), and this spike
activity becomes spontaneous and independent from xo. We found a linear relationship
between secondary spikes’ initiation time and the SNR in decibels, with an inclination
constant of about d = 14 millisecond per decibel. This phenomenon is instead found to be
much weaker or not existent if we increase the network size.
However, for networks of sizes of N = 100 neurons or less, the initiator xo still makes a
difference, favoring the quicker spread of spike activity on the network. This suggests that
locally-active neurons play a role in the spread of information in conﬁned domains outside
which the effect decays with distance. For the sake of simplicity and to avoid complexity this
13
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Figure 11. The power of ﬁve frequency bands for a network of N = 48 neurons at
different noise levels as in ﬁgure 10. Noticeably, the ﬁrst 300 msec of simulation were
cut off to emphasize the network frequencies at the regime. The various plots cross
each other, with no systematic trends. This indicates that the noise is inﬂuencing the
spectrum relative intensities and seems to shift the peaks’ position (see ﬁgure 9). For
reasons of clarity not all the dB labels are shown. The initiator xo has negligible
inﬂuence on these plots, see ﬁgure 7.

Figure 12. The Fourier transformation of the membrane signal in networks of different

sizes and constant 20 dB noise level. Each line is shifted vertically for clarity, in the
same fashion as ﬁgure 9. From top to bottom, the number of neurons is decreasing (top
171, bottom 10 with steps of 23 neurons). The simulation is run for 1000 msec; the ﬁrst
300 msec of data are not considered to avoid low frequencies due to the initial baseline
variations. Frequencies peaks emerge in all conditions, but are less prominent for
networks of bigger sizes. Each plot is the average of eight identical simulations
executed with different random number seeds.
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result has a limited meaning bound to the speciﬁc H−R network studied here, but we intend
to verify if this function of noise is a general phenomenon in spiking networks or remains
limited to the conditions and network connection structure used here. The importance of noise
in neural networks is known, and what we observed reminds us of the phenomena of stochastic resonance in biological systems [6, 39–42].
The inﬂuence of noise on frequency has been investigated by Fourier analysis. We have
shown that once the transitional delay is past, noise displaces the main frequencies peaks,
provoking a slow transition to chaos. Studying the most prominent frequency bands (θ, α, β
and γ) we conﬁrmed that noise quenches those biologically-signiﬁcant peaks in the network.
Still, at regime, a less keen transition to chaos is observed: frequency peaks do reduce and
tend to disappear, but in a slower and more complex trend that seems to conserve some
activity in the theta and alpha band (as shown in ﬁgures 9 and 11).
In real brains, the noise is generated internally, so we scaled up the network and used the
network size as a paradigm of the external noise. We found two trends: a reduction in the
amplitude of the peaks and a better sharpness and deﬁnition of the Fourier peaks, but not the
evident degeneration to chaos observed when increasing external noise. This trend must be
presumably conﬁrmed with much higher network sizes, and we intend to set up the appropriate computational tools to do that in the near future.
Our work demonstrates that in a H−R network, a single neuron can lead to the excitation
of the whole system; we quantitatively studied the inﬂuence of noise and have shown that it
favors the initiation of secondary spikes in a linear manner, enhancing the propagation of
spontaneous spiking activity along the network and canceling the effect of a localized
initiator neuron that instead maintains its inﬂuence in conﬁned domains.
This study gives insights on how networks utilize noise to alter the collective behavior of
the system in their operations and brings quantitative assessment on how noise can be used as
a criterion to control and modulate the spread of neural activity in H−R neural networks.
Acknowledgments
This research has been partially supported by Yokohama City University basic research grant
(YCU Kisokenkyu 2014) and Donghua Education and Communication Foundation (Donghua
15-31).
References
[1]
[2]
[3]
[4]
[5]
[6]
[7]
[8]
[9]
[10]
[11]
[12]
[13]

Wolfe J M, Alvaraz G A and Horowitz T S 2000 Nature 406 691
Salinas E and Sejnowski T 2001 Nat. Rev. Neurosci. 2 539–50
Parker A and Newsome W 1998 Annu. Revi. Neurosci. 21 227–77
MARTIN K 1994 Cerebral Cortex 4 1–7
Dale P, George J A and David F 2004 Neuroscience 3 259–282 (http://sites.sinauer.com/
neuroscience5e/)
Amitay S, Guiraud J, Sohoglu E, Zobay O, Edmonds B A, Zhang Y X and Moore D R 2013 PloS
one 8 e68928
Huber M T and Braun H A 2007 Biosystems 89 38–43
McDonnell M D and Ward L M 2011 Nat. Rev. Neurosci. 12 415–26
Kim S Y and Lim W 2013 J. Korean Phys. Soc. 63 104–13
Newman M E and Watts D J 1999 Phys. Lett. A 263 341–6
Izhikevich E M and Edelman G M 2008 Proc. Natl Acad. Sci. 105 3593–8
Belykh T, Hasler M, Lauret M and Nijmeijer H 2005 Int. J. Bifurcation Chaos 15 3423–33
Shilnikov A and Kolomiets M 2008 Int. J. Bifurcation Chaos 18 2141–68
15

J. Phys. A: Math. Theor. 49 (2016) 285601

[14]
[15]
[16]
[17]
[18]
[19]
[20]
[21]

[22]
[23]
[24]
[25]
[26]
[27]
[28]
[29]
[30]
[31]
[32]
[33]
[34]
[35]
[36]
[37]
[38]
[39]
[40]
[41]
[42]

S Zhe and R Micheletto

Newman M E and Watts D J 1999 Phys. Rev. E 60 7332
Bassett D S and Bullmore E 2006 Neuroscientist 12 512–23
Yu S, Huang D, Singer W and Nikolić D 2008 Cerebral cortex 18 2891–901
Newman M E 2003 SIAM Rev. 45 167–256
Zheng Y H and Lu Q S 2008 Physica A 387 3719–28
Ozer M, Perc M and Uzuntarla M 2009 Phys. Lett. A 373 964–8
Hindmarsh J and Rose R 1984 Proc. R. Soc. B 221 87–102
DeBolt D T 2011 Electrical and computer engineering Master Thesis Northeastern University,
Massachusetts (https://repository.library.northeastern.edu/ﬁles/neu:1299)
Sherwood W E and Guckenheimer J 2010 SIAM J. Appl. Dyn. Syst. 9 659–703
Yu H J and Peng J H 2005 Acta Biophys. Sin. 4 006 (http://en.cnki.com.cn/Article_en/
CJFDTOTAL-SWWL200504006.htm)
Izhikevich E M et al 2003 IEEE Trans. Neural Netw. 14 1569–72
Palva S and Palva J M 2007 Trends Neurosci. 30 150–8
Watts D J and Strogatz S H 1998 Nature 393 440–2
Baltanas J and Casado J 2002 Phys. Rev. E 65 041915
Wu Y, Xu J, He D and Earn D J 2005 Chaos Solitons Fractals 23 1605–11
Chun-Ni W, Jun M, Jun T and Yan-Long L 2010 Commun. Theor. Phys. 53 382
Jones E, Oliphant T, Peterson P et al 2011 SciPy: Open Source Scientiﬁc Tools for Python 2001
http://scipy.org/
van der Walt S, Colbert S C and Varoquaux G 2011 Comput. Sci. Eng. 13 22–30
Yan R, Er M J and Tang H 2006 An improvement on competitive neural networks applied to
image segmentation Advances in Neural Networks 3972 498–503
Destexhe A and Rudolph-Lilith M 2012 Neuronal Noise 8 (New York: Springer Science &
Business Media) (doi:10.1007/978-0-387-79020-6)
Longtin A 2003 Effects of noise on nonlinear dynamics Nonlinear Dynamics in Physiology and
Medicine (Springer) pp 149–89
Wang Y, Wang Z and Wang W 2000 J. Phys. Soc. Japan 69 276–83
Balev S, Corson N et al 2012 Proc. European Conf. on Complex Systems 2012 (Switzerland:
Springer International) (doi:10.1007/978-3-319-00395-5)
Yu H, Wang J, Deng B, Wei X, Wong Y, Chan W, Tsang K and Yu Z 2011 Chaos: An
Interdisciplinary Journal of Nonlinear Science 21 013127
Song S, Miller K D and Abbott L F 2014 Nature Neuroscience 3 919–26
Simonotto E, Riani M, Seife C, Roberts M, Twitty J and Moss F 1997 Phys. Rev. Lett. 78 1186–9
Tang Y, Gao H, Zou W and Kurths J 2013 Phys. Rev. 87 062920
Masuda N, Konno N and Aihara K 2004 Phys. Rev. E 69 031917
Medvedev G S and Zhuravytska S 2012 Biol. Cybern. 106 67–88

16

